APXH 1H> SEAIAAS - T” HMEPHSION

NANEAAAAIKEY EEETAZEIS
I TAZHZ HMEPHZIOY FENIKOY AYKEIOY
KAl ENAA (OMAAA B')
MAPAZKEYH 30 MAIOY 2014 - EEETAZOMENO MAOHMA:
MAOHMATIKA KAI STOIXEIA ETATIZTIKHE FENIKHE NAIAEIAS
ZYNOAO ZEAIAQN: MENTE (5)

OEMA A

A1,

A2,

A3.

A4.

Av n ouvdptnon f eival mapaywyioiun oto R kai C otaBepdc TPAYHATIKOG
apiBpog, va amodeifeTe ue TN XPron Tou opIouoy NG TTapaywyou oTl
14
(c f(x)) =c f'(x), yiakdBe xeR
Movadeg 7

Mote pia ouvdptnon f Aéyetan yvnoiwe @Bivouoa ot éva didoTnua A Tou Trediou

oplopouU TNG; Movadec 4
ovadeg

MoTe mia moooTikA PETABANTA AéyeTan SIAKPITH Kol TTOTE OUVEXAC;
Movadeg 4

Na xapakrnpiocere 11 mpoTGaeic rou akoAouBouv, ypdgovrag oro 1eTpddI6 gacg,
OimAa orto ypduua mmou avrioToixel ge KGO mporaan, 1 Aéén Tword, av n
mpoéraaon eivai cworh, f; AdBog, av n mpéraon eivar AavBaouévn.

a) Av yia 1 ouvdptnon f ioyve f'(xo)=0, yid X, e(a,B), Kar
mapdywyog e ' diatnpei TpoOonuo £KaTépw9év Tou X,, 10T€ n T civa
yvnoiwg povéTovn o1o (G,B) Kal 8ev TTOPOUTIAgel akpOTATO GTO SIGOTNPA
auTo.

(Movadeg 2)

B) Ta dUo omroladrimmote evdexoueva A, B €vOG JEIYHATIKOU Xwpou Q 1oxUel:
P(A-B)=P(B)-P(ANB)
(Hovddeg 2)

Y) Z&¢ pia Kavovik A TEPITTOU Kavoviki karavoury 1o 95% Trepimou Twv
TapaTnpricewy Bpiokovial oTo dIACTHUA (Y—S, X+ S), dmou X n péon

TIEA KQt S 1 TUTTIKA aTTOKAIGT TWY TTApaThnpioewy.
(Movadeg 2)
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APXH 2H> SEAIAAS - T” HMEPHZIIQN

8) Av X ceivai miud piag mooortikAg petafAntic X, 16TE N aBpoIoTIKA
auxvoéTnta Ni EKQpAder 1o TARBOG Twv TOpATNPoEWY TOU ival
MeEYaAUTEPEG TNG TIUAG X,

(Movadeg 2)

g) To KUKAIKG Ordypappa eival évag KUKAIKOC Biokog XWPIoUEVOG O¢
KUKAIKOUG Toueig, To eufadd f, 100dUvapa, 1o 16 Twv oToiwv eival

avaAoya TTpog TIG GVTIOTOIXEG GUXVOTNTEC V, 1 TIG OXETIKEG OUXVOTNTES fj
TWV TIHWV X, TNG PETABANTAS.
(novadeg 2)

Movadeg 10

OEMA B

270 TAPAKATW OXAMG QaiveETal TO ICTOYPANUOA CUXVOTATWY, TO OTTOI0 TIGPIOTEVEI TIG
TTWANCEIG g XINAdEG £upw TTOU €yIvav aTrd Toug TTWANTEC WIOG ETAIpEiag KATd TN
OlIapKeIa VOGS £TOUG.

apiBudég TwAnTwyv

2 4 6 8 10

TTWARoEIg o€ XINGSEC eupw

B1. Na Bpeite To TARBOG TwV TTWANTWY TNG eTAIpEiac. .
Movadeg 5

B2. Na peragépere 0T0 TETPAdIO 0OG TOV TAPAKGTW THivAKA OUXVOTHTWY ™mg
KOTAVOHNAG TwY TTwAroewv katdAAnAa oupTrAnpwpévo, SikaloAoywvTag Tn oThiAn
He Tig oxeTikég ouxvotnteg f, i=1 2, 3, 4
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APXH 3HY EAIAAY - T HMEPHYIQN

’ szp,msg TuxvérnTa X)(ETIKr]
KAdoeig TIHES y ouxvoTnTa
X i f.

ZUvoAo

Movadeg 8

B3. a) Na utoAoyioete Tn péon Tiun Twv TWARCEWY Tou £TOUG.
(Movadeg 6)

B) Na Bpeite 10 TARBOG TWV TTWANTWV TToU éKavav TTWAROEIC TouAdayxioTtov 4,5
XIMadwv  eupw (Bewpolpe OTI of TAPATNPAOEIC  KAEBE KAGong eival
OUOIOUOPPO KATAVEUNPEVEG).

(novadeg 6)

Movadeg 12

OEMAT
‘Eva doxeio mepiéxer kokkiveg (K), dompeg (A) Kai TTpAaIveg (M) prraAeg. EmAéyoups
TUxaia pia pmdAa. H mBavotnta va mpokUyer Kokkivny ptrdAa eivar P(K) = x,, evi n

mBavoTNTa va mpokdyer doTpn pmdha eivar P(A)= X,, émou X, X, eival ol Béoeig
TWV TOTTIKWY AKPOTATWY TNG ouvdpTnong

f(x)=4x3—g x*+x-1 xeR pe x, <X,
M. Na Bpeite nig¢ mBavotnteg P(K), P(A) xai P(M), 6mou P(M) n mBavémta va

TPOKUWel TIpdaivn UTdAa.
Movadeg 10

1 1
r2. Av P(K)=Z Kal P(A)=§, va  Bpeite TIC MOAVOTNTEC TWV  TTAPAKATW

eEVOEXOUEVWV:
I «n UTTGAQ TTou eTAEYETal TUXOIQ VO gival KOKKIVN 1 GoTTpn»
A: «n PITAAa TTou emIAéyeTal TUXQTO VO gival 00TE KOKKIVI OUTE
dompn»

E: «n PTIAAA TTou eMIAEyETaI TUXAiA va eival GoTTpn i va unv
gival Trpdoivny.
Movadeg 9
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3. Avordompeg uTmdAeg eivar katd 1€00epIg (4) AMlyoTEpES Ao TIC TTPGOIVEC MTTAAEG,
va Bpeite TOOEG UTTAAEG €Xel TO doxeio.
Movadeg 6
OEMA A

OewpoUpe éva KouTi oxApaTog opBoywviou TapaAAnAemiTéSou pe Bdan opBoywvio Kal

aVoIK

5dm

A1.

TO Ao Tavw.

To Uwog Tou KouTioU gival 5 dm.
H PBdon T1ou KouTioU é€xel oTaBepn

i mepinetpo 20 dm kot pia mALupd TG
: givar x dm pe O0<x <10

) R —— N

4
¢
4
¢
xdm
Na arrodei§ete 0TI ) CUVOAIKN ETTIPAVEIA TOU KOUTIOU W OUVAPTNON TOU X sival

E(x)=-x*+10x+100, xe&(0, 10)

KOl va BpeiTe yia TTo1a TIWN TOU X TO KOUTI £X€l PEyIoTh £TTIQAVEIQ.

Movadeg 8

21n ouvéxela, Bewpolpe Ta onueia Ai(xi, yi), otou Y, = E(Xi), i=1 2..,1
HE D =X, <X, <...< X, < X5 =9

A2.

Av 1o Beiypa Twv TeTpnuévwy X, i=1 2,...,15 twv mapamdvw onueiwv
A(xv)
e OtV gival opoIoyevEG
e ¢xel péon miA X = 8 kai
e TUTTIKI ammOKAIon S TETOIQ, WOTE
28*-55+2=0
TOTE:

d) va ammodeigere 611 S =2
(uovadeg 4)
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A3.

APXH 5H3 SEAIAAY - I" HMEPHZION

B) va Bpeite TN yéon TIUAR Twv x.2 ,uei=1 2,..,15

S [Zt} |

AiveTal 611 82 = —< ;
’ Vv 4
i=1
A P
(uovadeg 4)
Movadeg 8
EmAéyoupe Tuxaia éva amd Ta TTApoTmdvw onueia Ai(Xw yi), i=1 2..15

Na Bpeite TV MOavoTNTA TOU EVOEXOUEVOU!

B={Ai(xi, y,), i=1 2...,15 TéTOI0, WOTE Y, >~ 4%+ IR +1 }

6mou R eival 1o 0pog Twv Y, = E(Xi)’ i=1 2,...,15
Movadeg 9

OAHTIEZ (yia Toug e§eTalopévoug)

Z10 sgw(pu)\)\o Tou TeTpadiou va ypaweTe To £€eTalOpevo Pdbnua. ZTo £0W@UAAO
TAVW-TTAvw va CUUTTANPpWOoETE Ta ATOHIKG OTOIXEI paenm ZTnv apxn Twv
ATTOAVTAOEWY CoOg va ypaLpeTs TAVW-TTAVW TNV nUEpounvia kai 10 £§£TGCO}J£VO
pagenua. Na pnv avriypdyere T1a Bépata oTO TETPAdIO KAl va i YPAWETE
TouBevd oTIC ATTAVTATEIG 0OG TO GVOoud 0ag.

NG ypaWeTe TO OVOMATETWVUUO OO0G OTO TAVW HEPOG TWV QWTOAVTIYPAQWY
auECWG NOAIG OOg napaéoeouv Tux6v ONUEIWOEIS Ta¢ TAVW oTa BépaTa dev
8o BaBuoAloynlouv oe kapia wepimrwon. Kard nv amoxwpnon oag va
TTapadwosTe pali ye 1o TETPAdIO Kal TO YWTOAVTIYPUQa.

No amaviioete oTo TETPGdI6 oag ot O6Aa T Béuara pévo ue UTTAE 1] HOVO HE
MOUpPO GTUAO pE pa)\aw Tou dev ofrvel. MoAUBI emiTpémeTal, uévo av 10 {NTaEl N
EKQUIVNOT], KAl HOVO VIO TIVOKEG, DIAYPAUHATA KATT.

Kd&Be amdvTnon emoTnUOVIKA TeKpnplwpévn eival QTTOOEKTH.

AlGpKeia e€£Taong: TPEIG (3) WPES PETE TN SIAVOURA TWV QWTOAVTIYPAQWYV.

Xpbvog duvarig amoxwpnong: 10.30 m.4.

ZAZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAQY 5SHY AIIO 5 SEAIAEY




